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HEKOTOPBIE CBOMICTBA OTKPBITHIX VIBTPA®NJIIBTPOB!

Wccnenyercst mpocTpancTBO yABTPAGUILTPOB TPOU3BOIHLHOTO TOMOJIOTHIECKOTO MPOCTPAHCTBA B €CTECTBEHHOM OCHA-
[IeHNH, MOJOOHOM WMCIOJb3yeMoMy mpu moctpoennn kommakTa Croyma. ITokazaHo, 9T0 yHOMSIHYTOE TPOCTPAHCTBO
yABTPAGUIBTPOB SIBIASETCS IKCTPEMATHHO HECBI3HBIM KOMIIAKTOM. PaccMarpmBaiOTCs ceMefCTBA MHOXKECTB B IIPO-
cTpancTBe yabTpaduIbTPOB, MAKOPUPYIOMUX (BCAKUN pa3) GUABTP OTKPBITHIX OKPECTHOCTEH (DUKCHPOBAHHON TOH-
KM MCXOTHOTO TIPOCTPaHCTBA. Vcciemyiorest ycioBusi, 0becredanBaionye momapHyio TU3bIOHKTHOCTh W PAa3/IMYNMOCTh
MHOKECTB JTAHHOTO CeMeiCTBa; B YaCTHOCTH, BBEIEHA CIIEINATbHAs AKCHOMA OTIE/IMMOCTH, CBSI3aHHAS C 00eCIeIeHneM
YHIOMAHYTOH Pa3/TMIUMOCTH.

Karouesoie €1066: OKPECTHOCTh, TOTOIOTHS, YILTPADUILTD, IEHTPUPOBAHHAA CHCTEMA.

Brenenue

Hacrosimast pabora npojokaer vcciaenosanus [1,2] u cogepkut 060011eHIe HEKOTOPBIX MTOJI0Ke-
HIi [3], KACAIOIIIXCS TOMOTOMMYECKUX CBOHCTB MPOCTPAHCTBA «OTKPBITHIX» YIBTPahUIbTpoB (y/d).
Marepuast crarby COMIACyercst ¢ I0KJIa0M aBTOPOB [4] Ha KoH]EpeHH, TOCBAIEHHO MaMsaTH 3a-
MeYaTeTbHBIX yueHbx-MareMatnkoB H.B. Az6enesa u E.JI. Toukosa. Ux yemmusamu GBI CO3TAHBI
HayYHBIE TTKOJIBI, TOJIy IUBIHE 3aC/IyKeHHoe pu3Hanue B Poccun u 3a ee npenenamu. Ocobo ciemy-
€T OTMETUTH JOCTHKeHUs B 0bjacTu nuddepeHIuanibHbiX U (yHKINOHATBHO- UM MEPEeHITNATBHBIX
ypaBHEHWi, TEOPUU ONTHUMAJBHOrO yIpasjeHus. Bosbimoit Bran Obu1 BHecen H.B. AzbesieBbiM
u E.JI. TorkoBeIM B pa3BuTHE MAaTEMaTWIECKOTO oOpasoBanusi. VIx ydeHuwkwm ycmerrHo paboraror
BO MHOTHX yHUBepcuTerax Poccunm m Apyrux CTpaH.

[Tpu srom u H.B. Asbener, u E.JI. ToHKOB moHMMAN 3HAYEHNE W IPYTUX MATEMATUUECKUX JIAC-
[IATLIVH, HE CBABAHHBIX YIKe HEMOCPEeICTBEeHHO ¢ uX paboramu. Tak, nanpumep, E.JI. Torkos roBopm
OJTHOMY U3 aBTOPOB O TOM, UTO BayKHO BO3POXKIEHME 00IIeit Tomoornuy; ceitaac B V:keBcKe aKTUBHO
paboraer rpyra ucciaegoBareseit, pykosoanmast A.A. I'perzossiv. JlaHHOE KTaCcCHUECKOe HAMPaB-
JIEHUE YCIIENTHO PAa3BUBAETCsl, UTO OKA3BIBAET MOJIOKUTENBHOE BJUSHNE W Ha PabOTHI B 06JACTH
MPUKIAJIHON MaTeMaTuKW, B TOM YHCIE Ha WCCIeJOBAHUsI, TPOBOAUMbIe B KKarepuHOypre.

§ 1. Obo3HaueHUd u ompejieJIeHUd OOIIEro xapakrepa

Ucmonks3yem cTaHIapTHYIO TEOPETHKO-MHOKECTBEHHYIO CUMBOINKY. CeMeliCTBROM Ha3hIBAEM MHO-
JKECTBO, BCE 3JIEMEHTHI KOTOPOro — MHOXKecTBa. [Ipuanmaem akcnomy BbibOpa. Kaxmomy o0bekTy

comocTaB/sieM CHHIIeToH {x}, comepKammii © B KadecTe ssementa. Jepes P(X) oboszHauaem ce-
A

meitcTBo Beex mogmuozkects (11/m) muoxkecrsa X, P'(X) = P(X)\{0}. Ecim X — cemeiictBo, a Y —
A

muOkecTBo, T0 Xy = {X Y : X € X} € P(P(Y)). Eciin ke S — muoxectso u S € P'(P(S)),
to Cgl[S] 2 {S\S: S € 8} € P/(P(S)) ectb cemeiicTBo, ABOICTBEHHOE TI0 OTHOIIEHHIO K S.
st Besikoro memycroro cemeiicrsa 7 noumvaem {JHT) u {(}(7T) B cmsicre [5, (1.2)] u [5, (1.3)]
COOTBETCTBEHHO.

PaccMoTpuM HEKOTOpPBIE CIeNuaIbHbIe CeMeHCTBA: T-CHCTEMBI, PDEIIeTKH, TOnoorun. Purcnpyem
JI0 KOHIA CTaThy HemycToe MuOkecTBO F. Torma

T[E] 2 { £ € P(P(E))| (D € E)&(E € E)&( A(\BEEVAEEVBEE))
ecTh CeMefCcTBO Bcex m-cucreM /M E ¢ «HylIeM» n «eIuHUIEl»

(top)[E] £ {r e n[E]||J G € 7 ¥G € P'(r)}
Geg

'Padora moxmepxana POPIT (rparrer NeNe 13-01-00304, 13-04-00847).
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eCTh MHOXKECTBO BCEX TOMOJIOTHit Ha I,
(LAT)[E] £ {£ e n[E]| A JBe LVAE€ LVB € L}

ecTh cemeiicTBO Beex pemeTok n/M E ¢ «aynems» n «equanneiis; (top)[E] C (LAT)g[E] C w[E]. Tpn
T € (top)[E] u A € P(E) gepes cl(A4, 7) obo3nataem 3ambikanne A B TII (E, 7).

®unapTpel T-cucTeM. BBemeM B paccMOTpeHme MHOXKeCTBA (GUIBTPOB M Y/ MpOM3BOIBHOlM
m-cucrembl 11/M E. Utak, dukcupyem 10 koHna paszgena m-cucremy £ € w[E| n nonaraem, 9ro

F*(€) 2 {F e P(E\[INIA(BE FVAc FYBe F)& (VF € FYS € £ (F CE) = (S F))},
(1.1)

FS(S)é{UGF*(EHVfGF*(E) UCF)= U=F)} (1.2)

((1.1) m (1.2) — Henycrhie cemeiicTra; 3amernm Takxke, uro B (1.1), (1.2) monycrumo nosnarars € €

(top)[E]). Homaraen (%) 2 {U € FL(E)|E € U} VS € E. B sune (UF)[E;E] 2 {3e(D): T € £}
nosrygaem Herycroe cemeiicrso /M F§(E). Cnemyst obosnadenusm [5, § 1], B Buge

(clos)[F5(€)] = {5 € P'(P(F3(£)) )| (0 € §) & (F3(€) € §) & (AU BEF
VAEFVBEF& (N HeF VHeP ()}
HEH

HOJIyYaeM CceMeificTBO Beex 3aMKHYTHIX Tomosornii [6] na muoxkecrse F§(E); mamee (op — BAS)[F§(E)]
u (cl — BAS)[F;(€)] mommmatorcst coorBercrBenno B cMmbicae [5, (1.16)] u [5, (1.17)] (cemeiicTsa
OTKPBITBIX 1 3aMKHYTEIX 6a3 ma [Fj(E)). fcmo, uro

({UJ}(B) € (top)[F5(£)] ¥B € (op — BAS)[F;(£)])& ({[ )} (B) € (clos)[F5(£)] VB € (cl — BAS)[F5(£)])

(BBezenbl Tomosiornn (OTKPBITHIE W 3aMKHYTHIE [6]), MOPOKIEHHBIE COOTBETCTBYIONMMHI Oa3ammn);

(UF)[E;&] € (op — BAS)[Fj(€)], a Tomomornst
2 (UM (UPF)[E; €)= (G € P(F(€))| VU € G 3U € U : @¢(U) C G} € (top)[F5(E)] (13)

npespamtaer F§(E) B To-npocrpancrso. Ilycrs o korna wvacrosimero paszaena £ € (LAT)y[E]. Torga
[5, § 6] (UF)[E;£&] € (cl — BAS)[F5(E)] u {N} ((UF)[E; £]) € (clos)[F§(E)], a (orkpbrTas) Tomosorns

TY[E] £ Crs ey [{[ )} (UF)[E; €])] € (t0p)[F3(E)]

npespamtaer F§(E) B xommakrroe Tj-npocrpancrso (cMm. [5, npejroxenne 6.1]); nrak, na F§(E)
onpesenenst (mpu € € (LAT)o[E]) ape xapakrepusie rtomosorunm: Ti[E] u TY[E]. Cormacuo
2, npenyioxkenne 4.1] T2[E] C TE[E].

§ 2. HekoTopsbie cBOiicTBa OTKPBITHIX yIbTPAPUILTPOB

DurcupyeM J10 KOHIIA CTATHY MPOM3BOJIBHYIO TOMOJIOTHIO T € (top)[F], mo/ydast TOmoI0rnaecKoe
npocrpancrso (TII) (E,7), rme E — Henycroe MHOXkecTBO. Kak y»Ke 0TMEYasIoch, B 9TOM CIIydae
€ (LAT)o[E], a noromy umeem tornosornn TE[E] u T2[E] na nenycrom muozxecrse Fi(7). Torna

[2, (8.12)]
TO[E] = T(E); (2.1)

HOJIy Yatolreecs: mpu ocHarennn Muoxkectsa F((7) romosorueit (2.1) mpocTpascTBo
(F5(7), T;[E]) = (F5(r), T2[E]) (2.2)

eCTh HeIyCTOil HyJbMepHBIi KoMmakT (cMm. [2, (8.14)]). Mel mpuBemeM HUXKe HEKOTODPBIE TOMOJIHH-
TesapHbIe CBOlcTBA ymomstayToro TII. Orvernw, uto pu G € P/(T) onpeneneno MHOKECTBO
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o, (|J G) € THE] () Crs ) (T3 E]] (23)
Geg

u, 6oJIee TOTO, CIPABEIJINBO PABEHCTBO
2.(|J 6 =d(| 2-(G), T:[A). 2.4
Geg Geg
Bameuanue 2.1. Iposepum (2.4). I3 onpenenenuii jierko cienyer, uro VG € 7 VG € T
(Gl C GQ) = ((I)T(Gl) C @T(Gg))

IMosTomy u3 (2.3) HEOCPEACTBEHHO CJIEyer, 4To

(| @-(G), TiE)C o, (| G).

Geg Geg

Iycrs U € <I>T( U G). Torma u3 OnpeeeHnii BBITEKAET, 9TO ( U G)ﬂ U+#(0 VU € Y. Cemeitcrso U 2
Geg Geg

2 {®,(U) : U € U} ecrs nokanbuas 6a3a TII (2.2) B mouke . Iycrs V' € 4. Torma nyist Hekoroporo I' € G
nveem 'V € 7\ {0} n (cm. (1.1))

O, (T(\V) = ,(I) ()& (V) # 0.

Tem Gomee ( U @T(G))ﬂ @ (V) # 0. IlockombKy BHIGOP V' GBLT MTPOU3BOIBLHBIM, YCTAHOBIIEHO, 9TO
Geg

(U @ (@) H#0 VHE U.

Geg

B srom cayuae U € cl( |J ®,(G), T[E]), gem 3aBepmaercs mpoBePKa BIOKEHH
Geg

o, (| G)ca(l e.(@),Ti[E),

Geg Geg

a CJIeIoBaTeNIbHO M paBeHcTRa (2.4). O
[Tockoaeky 6a3a (UF)[E; 7] € (op — BAS)[Fo(€)] mopoxkmaer Tomosoruo (2.1), u3 (2.4) BoiTekaer
CBOICTBO SKCTpeMaIbHOl Hecsstauoctn [7, c. 540] TII (2.2).

MIpennoxenune 2.1. Tonoroeus (2.1) npespawaem F§(T) 6 axcmpemarvno neceasnoe TII.

Taxum o6pasom, (2.2) ecth (HemycToit) SKCTPpEMaJIbHO HECBA3HbBIH KOMITAKT.

A
Ecmu G € P(r), to momaraem, uro F§(7|G) = {U € Fi(r)|G C U}. B xauectBe § MOXKHO
MCIIOIb30BATH TPUBUAIBHBIN OTKPBITHIN (DUIBTD

NO(z) £ {G e 1]z € G} € F*(r),
rae x € E. Jlerko BUAETH, UTO
Fo (7| NP (x)) € Crs(r) [TE[E]\{0} Vz € E. (2.5)

CewmeiicTBa (2.5) MOKHO pacCMaTPUBATH B IPUBSA3KE K COOTBETCTRYIOMIEH Touke MHOKecTBa F. Mox-
HO [IPUHATH, YTO ceMeiicTBo (2.5) — 9o (Beakuii pa3) Hekast yKpyHenHas Touka. Cremys uzeitro 3],
BBEJIEM Takke o0belnHenne ceMeiicTs (2.5), mosydast, 4ro
L 0
(= Abs)[E] = | F5 (7] NY(2)) € P'(F5(7))- (2.6)

zel

MHuozxkecrso (2.6) — anasior abcosmora [3]. CnpasennnBo cieayoniee
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Ipennoxenne 2.2. Mnoocecmso (2.6) ecrody naomno ¢ TII (2.2).

Hoxkaszarenscrso. lycrs U € Fi(r) u V € 4l Torma V € 7\ {0}. C yuerom sroro Beibepem
npon3BonbHO v € V 1 pacemorpnm cemedictso Ff (7| N2(v)), nna xoroporo (em. (2.6))

Fg(r| N2 (v))C (7 — Abs)[E].

Ipn stom V' € N2(v). C yuerom (2.5) eiGepem nponssombhbiii y/d W € Fy(r| N2(v)), noxyaas,
B wactHocTH, uT0 W € (7 — Abs)[E]. Buecte ¢ Tem NO(v) C W, a noromy V € W n, Kax cieicTsue,
W e &,(V). TTockosbky BBIGOP V' GBI TPOM3BOJILHBIM, YCTAHOBJIEHO, YTO

O, (U)[)(r— Abs)[E] £ 0 VU € 4.

;TO osmauaer (cu. (1.3)), uto U € cl((r — Abs)[E], T%[E]). Urak, Fj(7) C cl((r — Abs)[E], T%[E]).

Cnencreue 2.1. IIpocmpancmeo ((1 — Abs)[E], Ti[EH( )[E]) IKCMPEMANLHO HECBAZHO.

T—Abs

HokazaTenascTso. [lomaraem g1a KpaTKOCTH, YTO

JAR—.
0="T: [EH(TfAbs)[E}’

nonywas B Brge ((7— Abs)[E]),8) nognpocrpancrso TII (2.2). Bocroassyemcst Teopemoit |7, 6.2.26]:
B cmty npegoxkenns 2.2 VG € TEH[E] VG € TEE]

(G1[) G2 = 0) = (c(Gy, TZ[E]) [ ) cl(Go, T[E]) = 0). (2.7)

BuiGepem mpomssoibio I't € 6 u T's € 6 co ceoiicrom I'1 (| Ty = (. Torma st HEKOTOPBIX
G € TH[E] n G? € T*[E] peamusyiorcs paBencTBa

(T1 = (r — Abs)[E][) GD)) (r — Abs)[E][) G© (2.8)

Torma G GP = . B camom geme, momyctmm mpormsroe: GV G®) £ (. Torma W 2
2 GW N G® € T*[E]. Hycts W € W. Torma W € N2 *[E](W), a moToMy (cM. mpetoxenne 2.2)

W () (7 — Abs)[E] # 0. (2.9)

[Tpu srom W) (7 — Abs)[E] =T'1 () 'z B cuay (2.8), a noromy (2.9) nerozmozkuo no seibopy 'y, I's.
[Iporusopeune nokaswiBaet, uto G1 (| Gy = (), a rorma uz (2.7) crexyer, aro

A(GW, Tx[E]) () MG, THE]) = 0.
Ho cl(T'y, TX[E]) C (G, TE[E]) u cl(T'y, TE[E]) C cl(GP), T%[E]), a moromy
cl(T'1, T3[E]) () cl(T2, T3 [E]) = 0,
orKyma merko ceayer, ato cl(I'y,0) () cl(Ty,#) = 0. Urax,
(C1() T2 =0) = (cA(T'1,0) () cl(T2,60) = 0).

Cuosa ucronbays |7, 6.2.26], momyuaem TpebyeMoe yTBepK IeHHe. O
Bameganue 2.2. OTMETHM OIHO MOJE3HOE CBOUCTBO OTKPBITHIX YAbTPa(MUIBTPOB:

(1 — Dens)|E] 2 {Ger|cd(G,7)=FE} cU VU € Fy(r).
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§ 3. IIpobaema pazsmdumocTu MHOXKeCTB (2.5)

Pacemorpum Bompockl 0 oM, Korma mpu 1 € E um xg € E\ {x1} umeor mecto cpoiicrBa
Fy (7| N2(21))# Fy (7] N2 (2)) w F (7| N2(21)) () Fg (7| N2(22)) = 0. Haumem co BTOporo, mvies s Bu-
1y aHajornu ¢ [3].

Urak, nycts 1 € FE, %y € E u T # Zy. Ilycte npu stom gas wexoropeix Gy € N9(Zy)
1 Gy € N9(Z2) mueer mecto G1 () Gg = (). Torma

Fg (7| N7 (20)() Fo (] N7 (22)) = 0. (3.1)
B camowm jsieste, fomycTHM IPOTHBHOE, 1 TIyCTh U e Fy(r| N2(z1)) N Fiy (7] N2(z2)). Torna N2(z1) C
n N2(Z5) C 4. Tosromy Gy () Gy # 0, aro mepozmorkmo. UTtaxk, (3.1

G1 un Gy 6BLT TPOU3BOJIBHBIM, UMEEM UMILTHKAIIIO

) ycranossieno. [TockonbKy BRIGOD

(3G1 € N2(z1) 3Gz € N(23) : G1[)Go = 0)=> <F3(T| NO(@))() F (| NO(@2)) = @). (3.2)
Mycrs, manporus, Fj (7| N2(z1))N Fi (7| N2(Z2))= 0. Jomycrim, ogmako, €To
Gy ﬂGQ 7é 0 VG € Ng(fl) VGy € Ng(i'g)

Paccmorpum cemeiicto N2(71) |J NO(Z2) € P'(7), xoTopoe (mpw Hammenm MpeImoosKeHin) TIeHTpH-
POBAHO, TIOCTTE Tero BBEIeM ceMeiicTBo T Beex KOHeuHBIX mepecedentit Maoxkects u3 N2 (71) | N2(z2).
Acwo, aro T C 7. Kpome Toro, T ecrh 6a3a dpuiasTpa, a moTomy

fé{G€T|E|TETZ T C G} € F*(7),
u jiist Hekoroporo y/d U € F§(7) nmeer mecto F C Y. B urore
N(z1) | N2(@2) ¢ T C Fcu,

aTo Jocrapisier, B wacTHocTH, croiictso U € Fy (7| N2(z1)) () F (7] N2(Z2)). Tocaennee reBo3Moxk-
HO, a cTano 66ITh, 3G € N2(Z1) IGo € N2(Z2) : G1 () Ga = (. Hoayummm IMITHKAITIO, TTPOTHBEO-
MOJIOKHYTO (3.2), U, MOCKOIBKY BBIOOD T1 U To OBLT MPOU3BOJIBHBIM, uMeeM Vo1 € F Voo € E\ {z1}

(Fg(ﬂ NB(:gl))ﬂ F (7] N2 (22)) = (D><:> (3G1 € N2(z1) 3Go € N2(z2) : Gy ﬂG2 =0). (3.3)

13 (3.3) HEmoCpenCTBEHHO CiIeyer

[Mpennoxenue 3.1. Fxsusarenmus, caedylouyue Ycr08UA:
1) (E,7) ecmv Ty-npocmparcmeo;
2) B (7| N2(z1)) N Fy (7| N2(22))=0 Va1 € E Vaz € E\ {z1}.

Bepremcs k mepBOMY BOTIPOCY (CM. HAYAIO HACTOSIIErO PA3JIENa).

Onpenenenne3.1. Bynem rosoputh, uto Toukm x1 € Enry € B Tig-otaemaver B (E, T),
ecsn

(HGl (S (1‘1 S Cl(Gl,T)) & (1‘2 §é Cl(Gl,T))>\/<3G2 (S (1‘1 ¢ CI(GQ,T)) & (1‘2 S Cl(GQ,T))).
(3.4)

Mpennoxenne3.2. ITycmo mouku T1 € £ u Ty € E\{71} Tjp-omdeaumw 6 (E, 7). Tozda
Fo (7] N2 (21)) # Fo (7| N2 (72)).
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Jdoxaszareabcrso. JdonycruM st ONPEIETEHHOCTH, UTO PEAJU3YeTCsl MepBasi BO3MOXK-
HocTh B (3.4): ama mekoroporo V. € 7 mveem Ty € cl(V,7) m Ty ¢ cl(V,7) Torma VG # 0

_ A - o
VG € NY(z1). B stom cryqae A = N2(z1)J{V} ecTs memrpmposammoe momceMeiicTBO T, a ce-
MeiicTBO B BCeX KOHEUHBIX IepecedeHmii MHOXKecTB n3 A gBiagercs 6a3oii GuibTpa; mosToMy

= {G er|3BeB: BCG} e F(r), npuuem § C U ana nekoroporo y/b U € F§(r). To-
ra A C B C G C U (mamomunm, sro B C 7). Tlpm srom, B wactroctn, NO(Z1) C U, a moTomy

U € Fi(r| N2(z1)). Buecre ¢ Tem U ¢ F5(7| N(Z,)). deiictsurensuo, W 2B \ cl(V,7) € 7, mpu-
gem 7o € W. Crano 6bite, W € NO(Zo), mpmaem VW = 0 (B camom gere, V C cl(V, 7)), Tme
V € U. Tlo akcnomam dumsrpa W ¢ U, a motomy W € N2(Zs) \ U u, cramo 6uts, NO(Z2) \ U # 0;
nrak, U ¢ Fy (7| N2(Z2)), 10 ects

U € Fy (7| N(@) \F5 (7] NO(2).

B urore Fjj (7| N2(z1))# Fj (7| N2(Z2)). Bropas Bo3MOKHOCTB B (3.4) IPHBOANT K AHAIOTHIHOMY
pe3ysIbTaTy, YeM ¥ 3aBEpIIaeTCs JIOKA3aTe/IbCTBO. O

MMpeanoxenned.d. Ilyemv Ty € E, Ty € E\{Z1} unpuomom Fy(7| N2(z1))# Fi (7] N2(Z2)).
Tozda mouxu T1 u T2 Tjg-omdeaumwt 6 (E,T).

MoxaszaTeasctso. IlyeTs (3.4) He BLITOMHEHO. DTO O3HAMACT, ITO
(vc:l er: (31 ¢c(Gr,7))V (2 € c1(Gl,T))) & (vc:2 er: (31 €cl(Gy 1))V (22 € 01(02,7))>.
Qukcupyem mMHOXKecTBO G € T, TIOJTyUast, Kak CJAEICTBUE, UTO
<(:z1 ¢ (G, 7))V (72 € Cl(G,T))) & ((gz1 € (G, 7)) V (72 ¢ CI(G,T))). (3.5)
e 7y € (G, 7), 10 ] (71 ¢ cl(G, 7)) n (o, (3.5)) Tz € cl(G, 7). rax,
(z1 € (G, 7))=> (22 € (G, 7). (3.6)

AHanIornIHo ycTaHaBIMBAETCS, ITO (fg € cl(G, T)):> (561 € cl(G, 7')); ¢ yaerom (3.6) 310 03HAUAET,
K0Jib cKOpO BBIOOp G 6BLT Tpou3BoIbHBEIM, uTO VG € T

((f‘l S CI(G,T))<:> (IZ'Q S CI(G,T)). (37)

Torma Fy (7| N2(z1))= F§ (7| N2(Z2)). B camom gene, mycrs V € Ff (7| N2(Z1)); mycrs, Kpome TOrO,
V € V. Ilpu atom N9(z1) C V. Torma 71 € cl(V,7) (aeitcteurensro, mpu 71 ¢ cl(V,7) mveem
E\cl(V,7) € N)(z1) m, 8 wacrnocru, E\cl(V,7) € V, npuaem V ((E\cl(V, 7)) = 0, aro mnesozmoxno
o akcuomam buabrpa, Tak Kak V' € V). Ilpu stowm, ognako, B cuty (3.7)

(71 € cl(V, 7)) = (22 € cl(V, 7))

m, KaK caeqactsme, Tz € cl(V, 7). Torma GV # 0 VG € N2(z3). lockoabky BBIGop V' 6BLT TTpoms-
BOJIBHBIM, yeTanosseno, uto G(\U # 0 YU € V VG € N2(z). Torna B cuty MakcumanbHOCTH V
mveen, ato N2(Z2) C V, 1o ectn V € F(7| N2(Z,)). Yeranosumn Bioxenne

Fo(r| N2 (21)) C Fg (7] N7 (22)). (3.8)

Amanormanev o6pazom nposepgercd, uto Fy (7| N2(Z2))C Fy (7| N2(Z1)). Crenoparenso (cu. (3.8)),
HY?KHOE DPABEHCTBO

Fo (7| N7 (1)) = Fo (7] N7 (22)) (3.9)

ycranosieno. Urtaxk, eciu (3.4) He BoIOTHEHO, TO cripasepneo (3.9). Kak ciaencrsue, momydaem, 9To

npu Ty (7| N2(21)) # Fy (7] N2(Z2)) menpemenno nmeer mecto (3.4), 10 ects 1 u Ty Tio-oraemmmbr

B (F,T). O
N3 npemmoxennit 3.2 u 3.3 BhITEKAET CACTYIONMIAA
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Teopewma3.l. Ecauxq € E uxo € E\ {x1}, mo sxsusasenmnn caedyrowue déa ycaosus:

1) F5 (7] N2 (1)) # Fo (7] NP (2));

2) mouxu 1 u 3 Tig)-omdesumni 6 (E,T).

Onpenenenue 3.2. Byaem naseiBars (F,T) 10| TIPOCTPAHCTBOM, €CJ TPH BCAKOM BBIOODE
r1 € Emxg € B\ {r1} Tourn 1,12 Tigj-otmenumver B (E, 7).

N3 ompenenennsa 3.2 ciaemayer Temepb
Teopewma 3.2. Jaa mozo wmobw.
FS(T| Ng(xl));é FS(T| NB(IEQ)) Ve € E Vag € EN\ {21},
neobzodumo u docmamouno, wmobw, (E,T) 6v.io Tjo)-npocmparcmeom.

MMpenganoxenne 3.4. Uz moeo, wmo (E,7) ecmv Ty-npocmpancmso, caedyem, wmo (E,T)
asasemces T -npocmpancmeom.

Hoxaszarensctso. [ycrs (E, 7) ects Th-nipoctpanctso. [lycts, nanee, x1 € E,x9 € E \ {z1}.
Torna s wexoropeix Gp € NY(z1) m Go € N2 (xg) mvmeem G1[) Go = . Tlpu sTom E \ Go ects
samkHyTOe B (F,7T) MHOXKecTBO, st Koroporo Gi C E \ Ga. Torma cl(Gy,7) C E \ Go, a noro-
My z9 ¢ cl(G1,7), tae x1 € cl(Gy, 7). C yuerom ompenenenns 3.1 momydaeMm (MOCKOJIBKY T1 U T
BRIOHPAJIACH MPOU3BOIBHO), 9T0 (F, T) ecth Tip-mpocTpancTio.

Mpengnoxenne 3.5. U3 mozo, wmo (E,T) ecmo Tl -npocmparcmeo, caedyem, wmo (E,T)
asasemea To-npocmparncmeom.

Hoxaszarenwscrso. [Iycts (E,T) ecrsb Tlg-mpocTpancTeo. Beibepem mpoussonbro 71 € F
u Ty € E\ {Z1}. Torma cormacuo onpegenennto 3.1 mmeem croiicreo (3.4). Ilycrs V' € 7 takoBo, uTo

(1 € (V7)) & (T2 & cl(V, 7)). (3.10)

Torma W 2 E \ cl(V,7) € 7 u mpu sTom 1 ¢ W. Bmecte ¢ Tem T9 € W cormacuo (3.10), a Torma
W € N2(z3). Urax,

(3 Gier: (1 €dd(Gy,m)) & (22 ¢ c1(Gl,T))):> (3G € N%(z): 1 ¢ G). (3.11)
AH&J’[OFI/ILIHI)IM 06p330M yCTaHaB/JINBaLTCA NCTUHHOCTDL UMILJINKAITUH
(3 Gyer: (31 ¢cl(Gyr)) & (3 € CI(GQ,T))):> (3G € N&1): 72 ¢ G).
C yuerom (3.11) moayuaem rerneps (Hanomuanm 06 ncruanoctn (3.4)), 9ro
(3G eNX(z1): 22 ¢ G')V(IG" € NX(Z2) : 1 ¢ G").

[TockosbKy Z1 W Tg BBIOMPAJINCH TIPOM3BOJIBHO, ycTaHoBaeHo, 9o (E, 7) ecrb Tp-npocrpancrso. [
Bameuanue 3.1. I3 roro, uro (F,T) ecrb T1-IPOCTPAHCTBO, He Cielyer, Boodule roBops, 4ro (F,7)
apygerca Tjg-nmpoctpancteom. B camom gene, myers E = {1;2;...} (marypanbueri pan), a K ects def ce-

MeiicTBO BCex KOHeWHBIX II/M E. Paccmorpnm ciaywait 7 2 {E\K : K € K}J{0}. Torna (E,7) ectn
T-nipocrpanctro. [Tokaskem, uro (E,T) He siBisiercs Tig)-pocTpancTBOM. JlefiCTBUTETLHO, CeMeiCTBO BCexX
3aMkHYTHIX B (E,7) n/m E ects K|J{E}. Ecin npennonoxurs Boimonuenne (3.4) nyist HEKOTOpBIX 1 € F
n xo € E\ {21}, TOo nomxkHO cymecTBoBaTh oTKphiToe B (E, 7) MHOXKecTBO G, 3aMBbIKaHNe KOTOPOTO, TO €CTh
muOKecTBO cl(G,T), comepKuT poBHO OHY TOUKY U3 {x1;z2}. Torma G # (), a motomy oHO GecKOHETHO, W,
craino 66Tk, cl(G,7) = E, Tak kak G C cl(G, 7). Ho Torma npn 21 € E n 2 € E \ {z1} (3.4) HeBO3MOXKHO.
U5 ompenenenus 3.1 umeewm, qro (E, 7) He apaserca Tig)-TTPOCTPAHCTBOM.

Bameuanne 3.2. Ecmm (F,7) asasercs To-pocTpaHCTBOM, HO He T1-TIPOCTPAHCTBOM, TO TaK¥Ke BO3-
MOJKeH cydaif, Koraa (£, 7) me ectb Tig-mpocTpancTso. B camom mene, cnosa momaraem E = {1;2;...},a T
onpenensieM yeaosuem T = {7,006 : n € E}|J{0}, rme m, o0 2 {k € Elm <k} Vm € E. 3nech cemelicTBO
n/m E, samxayteix B (E, 7), nmeer sug {1,n: n € E}YJ{0; E}, rne 1,m = {k € Elk <m} Vm € E. llpun
sToM Kakoe MHOKecTBO G € T\ {} ecTh 1, 50 mpu HekoTopom n € E, a moromy cl(G, 1) = E. B mammom
ciydae (3.4) HeBO3MOKHO, a cTano 6biTh, (E,T) ne ecrs Tjg-npoctpanctso (yuurssaem, aro cl((),7) = 0).
ITpn sTOM, Kak serko BuzaeTh, (E,7) ecth To-, HO He T1-TIPOCTPAHCTRO. (I
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We study the space of ultrafilters for an arbitrary topological space under natural equipment similar to that used in
construction of Stone compactum. It is showed that above ultrafilters space is extremely disconnected compactum.
We consider the families of sets in the space of ultrafilters majorizing (any time) the filter of open neighborhoods
of a fixed point of initial space. Conditions guaranteeing mutually disjointness and distinguishability of sets for the
given family are investigated; in particular, a special axiom of separability connected with support of mentioned
distinguishability is introduced.
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